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Overview

Engine emissions research requires being able to accurately measure particle size, particle number
concentration, and also mass concentration. While TSI's “Soot Matrix” brings EEPS Spectrometer’s
particle size distributions into much better agreement with distribution measurements made by
SMPS™ Spectrometer (TSI Inc., 2015), the matrix assumes that soot particles of all sizes exhibit the
same density. Published research has provided more insight into the relationships among density, size,
and engine conditions.

This application note will discuss these relationships, and show you how to enhance your data quality
by bringing research-derived density values into your EEPS software.

TSI and TSI logo are registered trademarks of TSI Incorporated.
Engine Exhaust Particle Sizer, EEPS, Fast Mobility Particle Sizer, and SMPS are trademarks of TSI Incorporated.



The Many Shapes of Soot Particles

Small soot particles can be spherical primary particles, which have the density of carbon. As these
smaller spheres aggregate; however, the resulting aggregate is not spherical in shape. Instead, the
shape of a larger soot particles can vary anywhere from resembling a small cluster of grapes to
resembling long chains of the small, primary particles (Park et al 2003). Figure 1 shows a microscope
image of such a chain-shaped soot particle.

When these larger aggregate particles are sized according to electrical mobility, the measurement that
results is something of a hybrid, due to the fractal nature of these particles. The electrical mobility
diameter is smaller than the fullest “diameter” of the aggregate, but also larger than a sphere that
would result if all of the primary particles were “melted down” and formed into one big sphere; see
Figure 1.

Figure 1: A transmission electron
microscope (TEM) image of a soot
particle, which is an aggregate of many
smaller spherical “primary” particles.

Mobility Diameter The blue circle represents the
electrical mobility diameter of the
(aggregate) particle.
Primary Particle Size

100 nm

Since the electrical mobility diameter of an aggregate is midway between these two concepts, it follows
that the density of the aggregate is less than the density of the primary particle. Furthermore, as
aggregates become larger, their density tends to decrease further, relative to smaller aggregates. The
result of all this is that as electrical mobility increases, the effective density of the particles decreases.

Since mass concentrations can often be dominated by a relatively small number of larger-sized
particles, having accurate density values for all particles is an important step towards accurate data.
Published research has revealed a variety of density values for soot particles, depending upon particle
size and engine conditions.
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Effective Density Research: Methods

Most aerosol particle density measurement methods follow a “tandem” technique proposed by Kelly &
McMurry (1992). This tandem method involves pre-classifying an aerosol using electrical mobility, and
then analyzing the classified aerosol using a complementary technique. Two variations on this
technique, along with soot density data, are described below.

Mass Mobility Approach

Combining an electrical mobility sizing technique with a mass mobility technique (such as an aerosol
particle mass analyzer, APM, or centrifugal particle mass analyzer, CPMA) can allow the calculation of
particle density at differing particle masses. This technique was employed by Park et al (2003), who
found that the effective density of soot particles generated by a diesel engine decreased as particle size
increased, ranging from 1.2 g/cm3 at 50 nm, down to 0.3 g/cm3 at 300 nm. Aside from particle size,
density was also affected by engine load and fuel composition.

Aerodynamic Size Approach

Another experimental method is to combine electrical mobility sizing with aerodynamic sizing. This
approach allows the calculation of particle density at different particle (aerodynamic) sizes. This
technique was employed by Maricq and Xu in measuring effective densities for particles generated by
diesel and gasoline (GDI) vehicles (Maricq & Xu, 2004). Like Park et al, their work revealed a decrease
in effective particle density with increasing particle size. Similarly to Park et al, Maricq & Xu measured
effective densities ranging from nearly 1.2 g/cm3 at D, = 30 nm to less than 0.3 g/cm3 at 300 nm.

Based on their data, Maricq & Xu proposed a mathematical relationship to calculate soot particle
density:

where:
pe = effective density
d, (df=3) po = density of bulk material
Pe = Po ( ) dm = mobility diameter
dOe

doe = effective primary particle diameter
d¢ = fractal dimension

The utility of this relationship is explored further below, under “Fitting the Data.”

Maricq & Xu's effective density data align well with those of Park et al., described above. For particle
sizes below approximately 50 nm, Maricq & Xu's density values also align well with values measured by
Virtanen and colleagues (2002). While Virtanen et al tested only diesel, Maricq & Xu’s work found
nearly identical soot density values for diesel and gasoline (GDI) exhaust particles.
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Effective Density Research: Results

Fitting the Data

As mentioned above, the density values measured by Park et al align well with those measured by
Maricq & Xu. The equation above, proposed by Maricq & Xu, may be used to fit the results of Park et al.

Figure 2 shows the density values reported by Park et al for soot collected from diesel engines at
various engine loads, as well as three lines representing theoretical effective density “vectors” (strings
of size-specific effective density values). Two of these theoretical vectors are derived from the equation
above (from Maricq & Xu), each using slightly different input values for fractal dimension (df) and
effective primary particle diameter (dOe). The third line, shown in green, represents the theoretical
density vector proposed by Xue et al for GDI/LDD vehicles, using parameters from Maricq & Xu.

As is always the case, theory can be very useful, but it has limitations. In the case of soot particle
density, a fractal soot particle can only have an “effective” density if it contains more than one primary
particle. Thus, below the primary particle size, the density must be held constant. This is visible in
Figure 2 in that the fitted lines have a horizontal leg at p = 2 g/cm3, as reported in Maricq & Xu 2004.
Xue et al opt to take a stair-step approach, setting effective densities for D, < 30 nm equal to 1.46 g/cm3,
and for 30 < D, < 55 nm equal to 1.09 g/cm3.

10

® Parketal 0% load

Park et al. 10% Load

® Parketal. 50% Load

® Parketal.75% load

Effective Density (g/cm3)

Xue et al 2016, A=9.4, Dm=2.3

= = Maricq & Xu, df=2.3, rho0=2.0, d0e=20, truncated at 2

01 4 Maricq & Xu fit to Park et al. data, df=2.37, rho0=2.0, dOe=21, truncated at 2
. T T

1 10 100 1000
Mobility Diameter (nm)

Figure 2: Plot of effective density vs. particle size containing data from Park et al. The blue line represents the
effective soot density equation from Maricq & Xu using the drand doe values they propose, while the red line modifies
these values to better fit the Park et al data. Both lines exhibit a “truncation” at a density of 2 g/cm3 for particle sizes
smaller than or equal to the primary particle size. The Xue et al density vector truncates in two stages, setting the
effective density of particles below 30 nm to 1.46 g/cm3.
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Calculating Density Vectors

By adjusting the input parameters to
the equations shown in Figure 2, a best
fit for any soot density dataset can be
found. Once the best fit is found, a
complete density vector can be
calculated. Table 1 displays calculated
densities for soot particles from several
published works.

Column A:

Column B:

Column C:

Column D:

The first density column,
titled “Maricq & Xul,” uses
the drand doe parameters
presented in Maricq & Xu
2004.

The column titled “Park et
al?” uses slightly different d¢
and dge values, determined
by TSI, to better fit the Park
et al data using the Maricq &
Xu equation.

These columns display
density vectors calculated
using an equation in Xue et
al that uses two
dimensionless parameters,
as well as EEPS
Spectrometer midpoint
diameters, as inputs. For the
GDI/LDD vector, the
dimensionless parameters
were taken from Maricq &
Xu, and from Quiros et al
2015 for PFL

The final column
demonstrates that the EEPS
software’s default density
vector is fully populated
with values of 1.0 g/cms3,
regardless of particle size.

Table 1: Soot density vectors for three published works, as well as
the EEPS default density vector.

Effective Densities
E A B C D

lectrical .
Mobility l\gla;lflq epf(r]ll{z Xue et al
Midpoint Diesel EEPS
(nm) GDI & engine: GDI & PF4 Default
LDD LDD3
dyno
6.04 2 2 1.46 1.46 1.00
6.98 2 2 1.46 1.46 1.00
8.06 2 2 1.46 1.46 1.00
9.31 2 2 1.46 1.46 1.00
10.75 2 2 1.46 1.46 1.00
12.41 2 2 1.46 1.46 1.00
14.33 2 2 1.46 1.46 1.00
16.55 2 2 1.46 1.46 1.00
19.11 2 2 1.46 1.46 1.00
22.07 1.87 1.94 1.46 1.46 1.00
25.48 1.69 1.77 1.46 1.46 1.00
29.43 1.53 1.62 1.46 1.46 1.00
33.98 1.38 1.48 1.09 0.63 1.00
39.24 1.25 1.35 1.09 0.63 1.00
45.31 1.13 1.23 1.09 0.63 1.00
52.33 1.02 1.13 1.09 0.63 1.00
60.43 0.92 1.03 1.02 0.61 1.00
69.78 0.83 0.94 0.92 0.58 1.00
80.58 0.75 0.86 0.83 0.55 1.00
93.05 0.68 0.78 0.75 0.53 1.00
107.45 0.62 0.72 0.68 0.50 1.00
124.08 0.56 0.65 0.61 0.48 1.00
143.29 0.50 0.60 0.56 0.46 1.00
165.47 0.46 0.54 0.50 0.44 1.00
191.08 0.41 0.50 0.45 0.42 1.00
220.66 0.37 0.45 0.41 0.40 1.00
254.81 0.34 0.42 0.37 0.38 1.00
294.25 0.31 0.38 0.34 0.36 1.00
339.80 0.28 0.35 0.30 0.34 1.00
392.39 0.25 0.32 0.27 0.33 1.00
453.13 0.23 0.29 0.25 0.31 1.00
523.26 0.20 0.26 0.22 0.30 1.00

1Values derived from the fit equation above, using dr=2.3 and doe

=20, as proposed by Maricq & Xu.

ZValues derived from the fit equation above, using dr=2.37 and
doe = 21, as proposed here in Figure 2.
3Values derived using a different fit equation (provided in Xue et

al) used to fit data from Maricq & Xu 2004.

4Values borrowed from Quiros et al 2015 from their work on PFI

vehicles.
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The Impact of the Density Vector

Due in part to uncertainties in soot density, comparison of particle instrument-based estimates with
filter-based measurements of total soot mass has generally sowed doubt. By employing both the TSI
Soot Matrix for EEPS Spectrometer, as well as a research-supported density vector, this long-sought
agreement can finally be obtained.

High-PN Emissions: Excellent Agreement with Filter Measurements

Recent results published by Xue et al show the correlation between gravimetric mass and the mass
predicted by the integrated size distribution to have a correlation coefficient between 0.76 and 1.01 for
GDI vehicles, when both the Soot Matrix and a density vector are employed. Without using either the
Soot Matrix or a new density vector, the correlations ranged from 0.45-0.57. Taken together, the Soot
Matrix and the use of a research-supported density vector can bring particle instrument-based mass
measurements into agreement with filter-based measurements for GDI vehicles.

Low-PN Emissions: Poorer Agreement with Filter Measurements likely due to an Artifact
of Filter Sampling

While Xue et al saw somewhat poorer agreement with PFI vehicles, it is possible that this is primarily
due to vapor adsorption to the filters used to measure the gravimetric mass. For low-particle emissions
(such as PFI), this artifact can be significant, and can be as large as 50%, depending upon the type of
filter used (Chase et al 2004).

Micro Soot Sensor Results Attest to EEPS Spectrometer’s Accuracy

While this artifact is a known problem, another tool can be used to demonstrate the accuracy of the
EEPS-based measurement. For GDI and PFI engines, the EEPS-based measurement correlates very
strongly (within 1% and 9%, respectively) with results from a Micro Soot Sensor. The Micro Soot
Sensor measures soot concentration directly, but does not provide particle size information. Excellent
agreement between an EEPS Spectrometer-based measurement and the Micro Soot Sensor attests to
the accuracy of EEPS Spectrometer-based mass measurements.

To convert the size distribution obtained by the EEPS Spectrometer into a real-time mass

measurement, TSI recommends that EEPS Spectrometer users load a research-derived particle density
vector into the EEPS software. The following section provides step-by-step instructions to do just that.
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How to Load a Density Vector into EEPS Software

The two sets of density values shown in (")) Maricq_Xu_2004 Effective_Densities_trunc@2.6xt - Notepad (e =) B30 |
the table above can easily be stored in a T ST —TES
text file (contact TSI to have the text files R ~
sent to you). The text file(s) of interest §
should be stored in a selected directory 2
on your computer so you can easily load 2
them into the EEPS software. Density 2
values other than these may be used as 1.867017266
well; simply create a text file with the e
- - 1.380061162
apprgprlate number of _entrles, and use 1397805695
that instead. Then, loading the new 1.128231794
. : 1.020113122
values into EEPS Spectrometer is very 0.922355484 =
. 0.833965979
straightforward. 0.754046857
0.681786401
0.616450677
. i 0.557376089
Step 1: Save the Desired 0. 30393631
Density Vector as a Text File 0. 412001061
0.372518919
The text file should simply be a column 0.336820359
: . : 0.304542798
of density values, with a return following 0.275358403
each value, and no delimiters (comma, o i ph (e
tab, or otherwise). It must have exactly - 29333932F

32 values to match the 32 size bins L

measured by the EEPS Spectrometer. An . r

example of such a text file is shown in X — - -

Fioure 3 Figure 3: An example text file containing a soot density vector. This
g ' text file is loaded into the EEPS software.

Step 2: Load the Desired Density Vector into EEPS Software

Open the EEPS software. As shown in Figure 4, right-click on any cell in the “Density” column within the
Particle Table window, and select “Load Density Values...”

B Particle Table at: 11:12:47.0 AM [17Apr2017_3D_1 1.2030d] = -2
Midpt Dp (nm) dN/dlogDp Surface Volume Mass Density =
#lcm?® nmicm?® nm&cm?® pgfm® gicm®
6.04 4.23e+03 4.85e+05 4.88e+05 4 88e-0 Units 5
6.98 2.03e+03 3. 1e+05 3.62e+05 3.62e-0¢
8.06 1.24e+03 2 5de+05 3.41e+05 3.41e-04 e Iy
9.31 1.87e+03 £.10e+05 7.91e+05 7.91e-04 Save Density Values...
10.75 1.60e+03 5 80e+05 1.04e+06 1.04e-0 Color...
12 .41 4197 2 03e+05 4 20e+05 4 20e-04 P ,
14.33 0.00 0.00 0.00 0.00
16.55 292 3 2.52e+05 6.952+05 6.952-04 Copy Cirl+C
19.11 501.8 5 76e+05 1.83e+06 1.83e-0] o
22.07 611.9 9.36e+05 3.442+06 3.44e-0] pig e
25 48 1.01e+03 2.07e+06 B.78e+06 8.78e-0
29.43 1.71e+03 4.64e+06 2.28e+07 2 28e-02 1.00
33 98 1 880203 E 8o 0F 2 AR s T 38R N7 100

Figure 3: A snapshot of the Particle Table in the EEPS software, and the menu displayed upon right-clicking
in one of the cells in the “Density” column. Select “Load Density Values...”
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Step 3: Easily Update your Mass Concentration Measurement

Navigate to the text file a) Unit density b) Maricq & Xu 2004 densities
you prepared that . s
contains the density I particle Table at: 11:1247.0 AM [17A..[ = |[ @ |[ 52 | | [ Particle Table at: 11:12:47.0 AM [17A... [ |[-&)- | m23a]
vector you would like to Midpt Dp (nm) Mass Density 4| Midpt Dp (nm) Mass Density B
. X pg/m® glcm?® pg/m® glcm®
use. Select the file, click 8058 0.00 1.00 80.58 0.00 0.754
“Open,” and the density 93.06 0.00 100 93.06 0.00 0,682
values are immediately 107.46 0.00 1.00 107.46 0.00 0.616
. 124.09 9.36e-03 1.00 124.09 522003 0.557
brought into the EEPS 14330 0135 1.00 143.30 6.790-02 0.504
software. An example is 165 48 0283 100 165.48 0.129 0.456
shown in Figure 5. The 191.10 0.280 1.00 191.10 0.115 0.412
“Mass” column in the 220,67 0.00 1.00 220,67 0.00 0.373
: ' 254.83 0.00 1.00 254.83 0.00 0.337
Particle Table is 294 27 0.00 1.00 294 27 0.00 0.305
immediately updated to 339.62 0.00 1.00 339.82 0.00 0.275
. 392.42 0.00 1.00 39242 0.00 0.249
reflect t.he nev_v density 45316 0.00 1.00 453.16 0.00 0.225
values, including the last 523.30 0.00 .00 52330 0.00 0204
cell, the total mass Median (nm) 162.4 Median (nm) 136.3
concentration. As a Mean (nm) 138.9 - Mean (nm) 107.0
Geo. Mean (nm) 118.4 Geo. Mean (nm) 81.6
consequence, all mass Mode (nm) 165.48 Mode (nm) 165.48
data in the EEPS file is Geo. Std.Dev. 1.93 Geo.Std.Dev. 2.22
calculated using the new Total 5.85¢-02 = Total 3.79¢-02 —
density vector. L4 LI O

Figure 4: Before and after images of the Particle Table, when updating density
values. All non-zero values in the columns for Mass and Density have changed.

References

Chase, R.E., Duszkiewicz, G.J., Richert, ].F.0., Lewis, D., Maricq, M.M., & Xu, N. (2004). “PM measurement artifact:
organic vapor deposition on different filter media.” SAE paper no. 2004-01-0967.

Kelly, W.P., & McMurry, P.H. (1992). “Measurement of particle density by inertial classification of differential
mobility analyzer-generated monodisperse aerosol.” Aerosol Science & Technology, 7, 199-212.

Maricq, M. Matti; Xu, Ning. (2004). “The effective density and fractal dimension of soot particles from premixed
flames and motor vehicle exhaust,” J. Aerosol Science, 35:1251-1274

Park, K, Feng, C,, Kittelson, D. B., and McMurry, P. H. (2003). “Relationship between Particle Mass and Mobility for
Diesel Exhaust Particles,” Environ. Sci. Technol. 37:577-583.
Quiros, D.C,, Hy, S, Hy, S,, Lee, E.S,, Sardar, S., Wang, X., Olfert, ].S., Jung, H.S., Zhu, Y., Huai, T. (2015). “Particle

effective density and mass during steady-state operation of GDI, PFI, and diesel passenger cars.” J. Aeros. Sci., (83),
39-54.

TSI Inc., “Updated Inversion Matrices for Engine Exhaust Particle Sizer™ (EEPS™) Spectrometer Model 3090,”
Application Note EEPS-005.

Virtanen, A, Ristimaki, ., Marjamaki, M., Vaaraslahti, K., Keskinen, ]., Lappi, M. (2002). “Effective density of diesel
exhaust particles as a function of size.” SAE Technical Paper 2002-01-0056.
Xue, J., Li, Y., Quiros, D., Wang, X, Durbin, T., Johnson, K.C., Karavalakis, G., Hu, S., Huai, T., Ayala, Al, Jung, H.S.

(2016). “Using a new inversion matrix for a fast-sizing spectrometer and a photo-acoustic instrument to

determine suspended particulate mass over a transient cycle for light-duty vehicles.” Aeros. Sci. Tech., (11), 1227-
1238.

TSI Incorporated - Visit our website www.tsi.com for more information.

EEPS-009 Rev. A-(US) ©2017 TSI Incorporated Printed in U.S.A.


http://www.tsi.com/
http://papers.sae.org/2004-01-0967/
http://papers.sae.org/2004-01-0967/
http://www.tandfonline.com/doi/abs/10.1080/02786829208959571
http://www.tandfonline.com/doi/abs/10.1080/02786829208959571
http://www.sciencedirect.com/science/article/pii/S0021850204000850
http://www.sciencedirect.com/science/article/pii/S0021850204000850
http://pubs.acs.org/doi/abs/10.1021/es025960v
http://pubs.acs.org/doi/abs/10.1021/es025960v
http://www.sciencedirect.com/science/article/pii/S0021850214002067
http://www.sciencedirect.com/science/article/pii/S0021850214002067
http://www.tsi.com/uploadedFiles/_Site_Root/Products/Literature/Application_Notes/Updated_Inversion_Matrices_EEPS-005-US-web.pdf
http://papers.sae.org/2002-01-0056/
http://papers.sae.org/2002-01-0056/
http://dx.doi.org/10.1080/02786826.2016.1239247
http://dx.doi.org/10.1080/02786826.2016.1239247

	Overview
	The Many Shapes of Soot Particles
	Effective Density Research: Methods
	Mass Mobility Approach
	Aerodynamic Size Approach

	Effective Density Research: Results
	Fitting the Data
	Calculating Density Vectors
	The Impact of the Density Vector
	High-PN Emissions: Excellent Agreement with Filter Measurements
	Low-PN Emissions: Poorer Agreement with Filter Measurements likely due to an Artifact of Filter Sampling
	Micro Soot Sensor Results Attest to EEPS Spectrometer’s Accuracy


	How to Load a Density Vector into EEPS Software
	Step 2: Load the Desired Density Vector into EEPS Software
	Step 3: Easily Update your Mass Concentration Measurement

	References

